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Çàêîíîìåðíîñòè ïîñëåäîâàòåëüíîñòè Ôèáîíà÷÷è.

Âåçäå â ýòîì ëèñòî÷êå: F0 = 0, F1 = 1, F2 = 1...
À åùå ìû ðàññìàòðèâàåì è ÷ëåíû ïîñëåäîâàòåëüíîñòè ñ îòðèöàòåëüíûìè èíäåêñàìè.... Èíòåðåñíî êàê...

1. Äîêàæèòå, ÷òî äëÿ ëþáîãî n áåñêîíå÷íî ìíîãî ÷èñåë Ôèáîíà÷÷è äåëèòñÿ íà n.

Ó÷èìñÿ ãîâîðèòü.

1. Âû÷èñëèòå ïåðèîäû ïîñëåäîâàòåëüíîñòè Ôèáîíà÷÷è ïî ìîäóëþ n, ãäå n = 2, 3, 4, 5.

2. Äîêàæèòå, ÷òî äëÿ ëþáûõ íàòóðàëüíûõ s è t âûïîëíåíû òîæäåñòâà:

a) Fs+t = Fs−1Ft + FsFt+1;

b) Fs?t = (−1)t(FsFt+1 − Fs+1Ft).

3. Äîêàæèòå, ÷òî âñå íóëè â ïîñëåäîâàòåëüíîñòè Ôèáîíà÷÷è ïî ìîäóëþ n íàõîäÿòñÿ íà ðàâíîì
ðàññòîÿíèè äðóã îò äðóãà.

4. Ïîêàçàòü, ÷òî ïåðèîäû ïîñëåäîâàòåëüíîñòè Ôèáîíà÷÷è ïî ìîäóëþ n > 2 âñåãäà ÷åòíû.

... Ïîäñêàçêà: âîñïîëüçîâàòüñÿ ôîðìóëîé F−t+1 = (−1)tFt−1

Ó÷èìñÿ ïèñàòü.

5. Äîêàæèòå òîæäåñòâà:

a) F1 + F2 + . . .+ Fn−1 = Fn+1 − 1;

b) F1 + F3 + . . .+ F2n−1 = F2n;

c) F 2
1 + F 2

2 + . . .+ F 2
n = FnFn+1;

d) Fn+1Fn−1 − F 2
n = (−1)n

6. Âû÷èñëèòå ñóììó
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