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22.03.16 

ʂʨʘʪʯʘʡʰʠʝ ʤʘʨʰʨʫʪʳ 
ɺ ʪʝʯʝʥʠʝ ʜʚʫʭ ʟʘʥʷʪʠʡ ʤʳ ʟʘʡʤʝʤʩʷ ʛʝʦʤʝʪʨʠʯʝʩʢʠʤʠ ʟʘʜʘʯʘʤʠ, ʩʚʷʟʘʥʥʳʤʠ ʩ 

ʥʘʠʙʦʣʴʰʠʤʠ ʠ ʥʘʠʤʝʥʴʰʠʤʠ ʟʥʘʯʝʥʠʷʤʠ ʢʘʢʠʭ-ʣʠʙʦ ʚʝʣʠʯʠʥ. ʊʘʢʠʝ ʟʘʜʘʯʠ ʥʘʟʳʚʘʶʪʩʷ 
ʵʢʩʪʨʝʤʘʣʴʥʳʤʠ (ʦʪ ʩʣʦʚʘ extremum ï ʢʨʘʡʥʠʡ). ɿʘʜʘʯʠ ʩʝʛʦʜʥʷʰʥʝʛʦ ʟʘʥʷʪʠʷ ʙʫʜʫʪ 
ʩʚʷʟʘʥʳ ʩ ʧʦʠʩʢʦʤ ʢʨʘʪʯʘʡʰʠʭ ʤʘʨʰʨʫʪʦʚ ʠʣʠ ʥʘʠʤʝʥʴʰʠʭ ʩʫʤʤ ʨʘʩʩʪʦʷʥʠʡ. 

ɺ ʢʘʯʝʩʪʚʝ ʧʨʠʤʝʨʘ ʨʘʩʩʤʦʪʨʠʤ ʟʥʘʤʝʥʠʪʫʶ ʟʘʜʘʯʫ ɻʝʨʦʥʘ ɸʣʝʢʩʘʥʜʨʠʡʩʢʦʛʦ, ʘ 
ʟʘʪʝʤ ʫʩʣʦʞʥʠʤ ʝʝ. 

ʇʨʠʤʝʨ. ɼʘʥʘ ʧʨʷʤʘʷ m ʠ ʪʦʯʢʠ ɸ ʠ ɺ, ʣʝʞʘʱʠʝ ʚ ʦʜʥʦʡ ʧʦʣʫʧʣʦʩʢʦʩʪʠ ʦʪʥʦʩʠʪʝʣʴʥʦ m. 
ʇʦʩʪʨʦʡʪʝ ʥʘ ʧʨʷʤʦʡ m: ʘ) ʪʘʢʫʶ ʪʦʯʢʫ ʄ, ʯʪʦʙʳ ʣʦʤʘʥʘʷ ɸʄɺ ʠʤʝʣʘ ʥʘʠʤʝʥʴʰʫʶ ʜʣʠʥʫ; 
ʙ) ʦʪʨʝʟʦʢ CD ʟʘʜʘʥʥʦʡ ʜʣʠʥʳ (ʤʥʦʛʦ ʤʝʥʴʰʝʡ, ʯʝʤ ʨʘʩʩʪʦʷʥʠʝ ʦʪ ɸ ʜʦ ɺ) ʪʘʢ, ʯʪʦʙʳ 
ʜʣʠʥʘ ʣʦʤʘʥʦʡ ACDB ʙʳʣʘ ʥʘʠʤʝʥʴʰʝʡ. 

ʈʝʰʝʥʠʝ. ʘ) ʇʫʩʪʴ ʠʩʢʦʤʘʷ ʪʦʯʢʘ ʄ ʧʦʩʪʨʦʝʥʘ. 
ʈʘʩʩʤʦʪʨʠʤ ʪʦʯʢʫ B', ʩʠʤʤʝʪʨʠʯʥʫʶ ʪʦʯʢʝ ɺ ʦʪʥʦʩʠʪʝʣʴʥʦ 
ʧʨʷʤʦʡ m (ʩʤ. ʨʠʩ. 1ʘ). ɼʣʠʥʘ ʣʦʤʘʥʦʡ ɸʄɺ ʨʘʚʥʘ: AM + 
MB = AM + MB' (ʩʤ. ʨʠʩ. 1ʘ). ʕʪʘ ʜʣʠʥʘ ʙʫʜʝʪ ʥʘʠʤʝʥʴʰʝʡ 
ʠʟ ʚʦʟʤʦʞʥʳʭ, ʝʩʣʠ ʪʦʯʢʘ ʄ ʣʝʞʠʪ ʥʘ ʦʪʨʝʟʢʝ AB'. 
ɼʝʡʩʪʚʠʪʝʣʴʥʦ, ʜʣʷ ʣʶʙʦʡ ʜʨʫʛʦʡ ʪʦʯʢʠ N, ʣʝʞʘʱʝʡ ʥʘ 
ʧʨʷʤʦʡ CD, AN + NB = AN + NB' > AB' = AM + MB'. 

ʊʘʢʠʤ ʦʙʨʘʟʦʤ, ʨʝʰʝʥʠʝ ʟʘʜʘʯʠ ʩʚʦʜʠʪʩʷ ʢ 
ʧʦʩʪʨʦʝʥʠʶ ʪʦʯʢʠ B', ʩʠʤʤʝʪʨʠʯʥʦʡ ʪʦʯʢʝ ɺ ʦʪʥʦʩʠʪʝʣʴʥʦ 
ʧʨʷʤʦʡ m. ʀʩʢʦʤʘʷ ʪʦʯʢʘ ʄ ʷʚʣʷʝʪʩʷ ʧʝʨʝʩʝʯʝʥʠʝʤ 
ʧʨʷʤʳʭ AB' ʠ m.  

ʇʦʥʷʪʥʦ, ʯʪʦ ʪʦʯʢʠ ɸ ʠ ɺ ʨʘʚʥʦʧʨʘʚʥʳ, ʧʦʵʪʦʤʫ ʤʦʞʥʦ ʙʳʣʦ ʩʪʨʦʠʪʴ ʪʦʯʢʫ, 
ʩʠʤʤʝʪʨʠʯʥʫʶ ʪʦʯʢʝ ɸ. ʂʨʦʤʝ ʪʦʛʦ, ʠʟ ʨʘʩʩʤʦʪʨʝʥʥʦʡ ʦʩʝʚʦʡ ʩʠʤʤʝʪʨʠʠ ʩʣʝʜʫʝʪ, 

ʯʪʦ Ïɸʄʉ = ÏBôʄD = ÏBʄD, ʪʦ ʝʩʪʴ ʫʩʣʦʚʠʝ ʤʠʥʠʤʘʣʴʥʦʩʪʠ ʜʣʠʥʳ ʣʦʤʘʥʦʡ 
ʨʘʚʥʦʩʠʣʴʥʦ ʪʦʤʫ, ʯʪʦ ʣʫʯʠ ʄɸ ʠ ʄɺ ʦʙʨʘʟʫʶʪ ʨʘʚʥʳʝ ʫʛʣʳ ʩ ʧʨʷʤʦʡ CD. ʕʪʦ 
ʧʦʥʷʪʥʦ ʪʘʢʞʝ ʠʟ çʬʠʟʠʯʝʩʢʠʭ ʩʦʦʙʨʘʞʝʥʠʡè: ʫʛʦʣ ʧʘʜʝʥʠʷ ʩʚʝʪʦʚʦʛʦ ʣʫʯʘ ʥʘ ʧʣʦʩʢʦʝ 
ʟʝʨʢʘʣʦ ʨʘʚʝʥ ʫʛʣʫ ʦʪʨʘʞʝʥʠʷ (ʠʟʦʙʨʘʟʠʪʴ). ʕʪʦ ʧʦʟʚʦʣʷʝʪ ʨʘʟʣʠʯʥʳʤ ʦʙʨʘʟʦʤ 
ʧʝʨʝʬʦʨʤʫʣʠʨʦʚʘʪʴ ʟʘʜʘʯʫ, ʚ ʯʘʩʪʥʦʩʪʠ ʠ ʚ ʚʠʜʝ ʤʦʜʝʣʠ ʨʘʟʣʠʯʥʳʭ ʞʠʟʥʝʥʥʳʭ 
ʩʠʪʫʘʮʠʡ. 

ʙ) ʇʫʩʪʴ ʠʩʢʦʤʳʝ ʪʦʯʢʠ ʉ ʠ D ʧʦʩʪʨʦʝʥʳ ʠ ʦʪʨʝʟʦʢ ʉD ʠʤʝʝʪ 
ʟʘʜʘʥʥʫʶ ʜʣʠʥʫ (ʩʤ. ʨʠʩ. 1ʙ). ɼʣʠʥʘ ʣʦʤʘʥʦʡ ɸʉDB ʟʘʚʠʩʠʪ ʪʦʣʴʢʦ 

ʦʪ ʩʫʤʤʳ ʜʣʠʥ ɸʉ ʠ BD, ʧʦʵʪʦʤʫ ʨʘʩʩʤʦʪʨʠʤ ʧʘʨʘʣʣʝʣʴʥʳʡ 

ʧʝʨʝʥʦʩ ʥʘ ʚʝʢʪʦʨ DC : Bô ï ʦʙʨʘʟ ʪʦʯʢʠ ɺ ʧʨʠ ʪʘʢʦʤ ʧʝʨʝʥʦʩʝ, 
ʪʦʛʜʘ ʦʪʨʝʟʢʠ ɸʉ ʠ BôC ʦʙʨʘʟʫʶʪ ʨʘʚʥʳʝ ʫʛʣʳ ʩ ʧʨʷʤʦʡ m, ʯʪʦ ʜʘʝʪ 
ʥʘʠʤʝʥʴʰʝʝ ʟʥʘʯʝʥʠʝ ʩʫʤʤʳ ʜʣʠʥ ɸʉ ʠ BD.  

ʊʘʢʠʤ ʦʙʨʘʟʦʤ, ʧʦʩʣʝ ʚʳʧʦʣʥʝʥʠʷ ʧʘʨʘʣʣʝʣʴʥʦʛʦ ʧʝʨʝʥʦʩʘ 
ʚʜʦʣʴ ʧʨʷʤʦʡ m ʥʘ ʦʪʨʝʟʦʢ ʟʘʜʘʥʥʦʡ ʜʣʠʥʳ (ʥʘʧʨʠʤʝʨ, ʚ ʥʘʧʨʘʚʣʝʥʠʠ ʦʪ ɺ ʢ ɸ), ʨʝʰʝʥʠʝ 
ʟʘʜʘʯʠ ʩʚʝʜʝʪʩʷ ʢ ʧʦʩʪʨʦʝʥʠʶ ʪʦʯʢʠ ʉ, ʦʧʠʩʘʥʥʦʤʫ ʚ ʧʨʠʤʝʨʝ 1ʘ. ʊʦʯʢʘ D ʷʚʣʷʝʪʩʷ 
ʦʙʨʘʟʦʤ ʪʦʯʢʠ ʉ ʧʨʠ ʦʙʨʘʪʥʦʤ ʧʘʨʘʣʣʝʣʴʥʦʤ ʧʝʨʝʥʦʩʝ. 

ʆʪʤʝʪʠʤ, ʯʪʦ ʪʦʯʢʘ Bôô, ʠʩʧʦʣʴʟʦʚʘʥʥʘʷ ʧʨʠ ʦʧʠʩʘʥʥʦʤ ʧʦʩʪʨʦʝʥʠʠ ʷʚʣʷʝʪʩʷ 

ʦʙʨʘʟʦʤ ʪʦʯʢʠ ɺ ʧʨʠ ʩʢʦʣʴʟʷʱʝʡ ʩʠʤʤʝʪʨʠʠ (ʢʦʤʧʦʟʠʮʠʠ ʦʩʝʚʦʡ ʩʠʤʤʝʪʨʠʠ ʠ 
ʧʘʨʘʣʣʝʣʴʥʦʛʦ ʧʝʨʝʥʦʩʘ ʚʜʦʣʴ ʵʪʦʡ ʦʩʠ).  

ʊʘʢʠʤ ʦʙʨʘʟʦʤ, ʤʥʦʛʠʝ ʟʘʜʘʯʠ, ʩʚʷʟʘʥʥʳʝ ʩ ʥʘʠʤʝʥʴʰʝʡ ʜʣʠʥʦʡ ʧʫʪʠ, ʨʝʰʘʶʪʩʷ ʩ 
ʠʩʧʦʣʴʟʦʚʘʥʠʝʤ ʦʩʝʚʦʡ ʩʠʤʤʝʪʨʠʠ ʠ ʧʘʨʘʣʣʝʣʴʥʦʛʦ ʧʝʨʝʥʦʩʘ. ʅʦ, ʥʘʨʷʜʫ ʩ ʥʠʤʠ, ʤʦʛʫʪ 
ʠʩʧʦʣʴʟʦʚʘʪʴʩʷ ʠ ʜʨʫʛʠʝ ʧʨʠʝʤʳ, ʢʦʪʦʨʳʝ ʚʘʤ ʧʨʠʜʝʪʩʷ ʧʨʠʜʫʤʘʪʴ. 
 

ʋʧʨʘʞʥʝʥʠʷ ʠ ʟʘʜʘʯʠ ʜʣʷ ʩʘʤʦʩʪʦʷʪʝʣʴʥʦʛʦ ʨʝʰʝʥʠʷ 

1. ɺʥʫʪʨʠ ʚʳʧʫʢʣʦʛʦ ʯʝʪʳʨʝʭʫʛʦʣʴʥʠʢʘ ʥʘʡʜʠʪʝ ʪʦʯʢʫ, ʩʫʤʤʘ ʨʘʩʩʪʦʷʥʠʡ ʦʪ ʢʦʪʦʨʦʡ ʜʦ 
ʝʛʦ ʚʝʨʰʠʥ ʥʘʠʤʝʥʴʰʘʷ. 

2. ʘ) ɼʘʥ ʦʩʪʨʳʡ ʫʛʦʣ ɸʆɺ ʠ ʪʦʯʢʘ ʄ ʚʥʫʪʨʠ ʥʝʛʦ. ʅʘ ʩʪʦʨʦʥʘʭ ʫʛʣʘ ʧʦʩʪʨʦʡʪʝ ʪʦʯʢʠ X ʠ Y 
ʪʘʢ, ʯʪʦʙʳ ʧʝʨʠʤʝʪʨ ʪʨʝʫʛʦʣʴʥʠʢʘ MXY ʙʳʣ ʥʘʠʤʝʥʴʰʠʤ. 
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ʙ) ʅʘʡʜʠʪʝ ʵʪʦʪ ʧʝʨʠʤʝʪʨ, ʝʩʣʠ Ïɸʆɺ = 30 ,̄ ʆʄ = 1. 

3. ɺʥʫʪʨʠ ʦʩʪʨʦʛʦ ʫʛʣʘ ɸʆɺ ʜʘʥʳ ʪʦʯʢʠ ɸ ʠ ɺ. ʇʦʩʪʨʦʡʪʝ ʥʘ ʩʪʦʨʦʥʘʭ ʫʛʣʘ ʪʦʯʢʠ X ʠ Y ʪʘʢ, 
ʯʪʦʙʳ ʧʝʨʠʤʝʪʨ ʯʝʪʳʨʝʭʫʛʦʣʴʥʠʢʘ XMNY ʙʳʣ ʥʘʠʤʝʥʴʰʠʤ. 

4. ɺʥʫʪʨʠ ʦʩʪʨʦʫʛʦʣʴʥʦʛʦ ʪʨʝʫʛʦʣʴʥʠʢʘ ʥʘʡʜʠʪʝ ʪʦʯʢʫ, ʩʫʤʤʘ ʨʘʩʩʪʦʷʥʠʡ ʦʪ ʢʦʪʦʨʦʡ ʜʦ 
ʚʩʝʭ ʚʝʨʰʠʥ ʠ ʜʦ ʚʩʝʭ ʩʪʦʨʦʥ ʪʨʝʫʛʦʣʴʥʠʢʘ ï ʥʘʠʤʝʥʴʰʘʷ. 

5. ʘ) ʅʘʩʝʣʝʥʥʳʝ ʧʫʥʢʪʳ ɸ ʠ ɺ ʨʘʟʜʝʣʝʥʳ ʢʘʥʘʣʦʤ ʩ ʧʘʨʘʣʣʝʣʴʥʳʤʠ ʙʝʨʝʛʘʤʠ. ɺ ʢʘʢʦʤ 
ʤʝʩʪʝ ʥʝʦʙʭʦʜʠʤʦ ʧʦʩʪʨʦʠʪʴ ʤʦʩʪ (ʧʝʨʧʝʥʜʠʢʫʣʷʨʥʦ ʙʝʨʝʛʘʤ), ʯʪʦʙʳ ʜʣʠʥʘ ʧʫʪʠ ʠʟ 
ʦʜʥʦʛʦ ʧʫʥʢʪʘ ʚ ʜʨʫʛʦʡ ʙʳʣʘ ʥʘʠʤʝʥʴʰʝʡ? 
ʙ) ʅʘʩʝʣʝʥʥʳʝ ʧʫʥʢʪʳ ɸ ʠ ɺ ʨʘʟʜʝʣʝʥʳ ʜʚʫʤʷ ʥʝʧʘʨʘʣʣʝʣʴʥʳʤʠ ʜʨʫʛ ʜʨʫʛʫ ʢʘʥʘʣʘʤʠ (ʫ 
ʢʘʞʜʦʛʦ ʢʘʥʘʣʘ ʜʚʘ ʙʝʨʝʛʘ ʧʘʨʘʣʣʝʣʴʥʳ). ɻʜʝ ʥʫʞʥʦ ʧʦʩʪʨʦʠʪʴ ʤʦʩʪʳ, ʯʪʦʙʳ ʜʣʠʥʘ ʧʫʪʠ 
ʠʟ ʦʜʥʦʛʦ ʧʫʥʢʪʘ ʚ ʜʨʫʛʦʡ ʙʳʣʘ ʥʘʠʤʝʥʴʰʝʡ? 

6. ɼʘʥ ʨʘʚʥʦʩʪʦʨʦʥʥʠʡ ʪʨʝʫʛʦʣʴʥʠʢ ɸɺʉ. ʇʦʩʪʨʦʡʪʝ ʧʨʷʤʫʶ m ʪʘʢ, ʯʪʦʙʳ ʩʫʤʤʘ 
ʨʘʩʩʪʦʷʥʠʡ ʦʪ ʚʝʨʰʠʥ ʪʨʝʫʛʦʣʴʥʠʢʘ ʜʦ m ʙʳʣʘ ʥʘʠʤʝʥʴʰʝʡ. 

7. ʆʜʠʥ ʠʟ ʫʛʣʦʚ ʦʩʪʨʦʫʛʦʣʴʥʦʛʦ ʪʨʝʫʛʦʣʴʥʠʢʘ ʨʘʚʝʥ 30.̄ ʅʘ ʩʪʦʨʦʥʘʭ ʪʨʝʫʛʦʣʴʥʠʢʘ 
ʦʪʤʝʯʝʥʦ ʧʦ ʦʜʥʦʡ ʪʦʯʢʝ. ɼʦʢʘʞʠʪʝ, ʯʪʦ ʥʘʠʤʝʥʴʰʠʡ ʧʝʨʠʤʝʪʨ ʪʨʝʫʛʦʣʴʥʠʢʘ ʩ 
ʚʝʨʰʠʥʘʤʠ ʚ ʵʪʠʭ ʪʦʯʢʘʭ ʨʘʚʝʥ ʦʜʥʦʡ ʠʟ ʚʳʩʦʪ ʜʘʥʥʦʛʦ ʪʨʝʫʛʦʣʴʥʠʢʘ. 

8. ɼʘʥ ʦʩʪʨʦʫʛʦʣʴʥʳʡ ʪʨʝʫʛʦʣʴʥʠʢ ɸɺʉ. ʅʘ ʝʛʦ ʩʪʦʨʦʥʘʤ ʦʪʤʝʯʝʥʳ ʪʦʯʢʠ K, L ʠ ʄ (ʧʦ 
ʦʜʥʦʡ ʥʘ ʢʘʞʜʦʡ ʩʪʦʨʦʥʝ). ʋʢʘʞʠʪʝ ʧʦʣʦʞʝʥʠʝ ʵʪʠʭ ʪʦʯʝʢ, ʜʣʷ ʢʦʪʦʨʦʛʦ ʧʝʨʠʤʝʪʨ 
ʪʨʝʫʛʦʣʴʥʠʢʘ ʙʫʜʝʪ ʥʘʠʤʝʥʴʰʠʤ. (ɿʘʜʘʯʘ ʌʘʥʴʷʥʦ) 

9. ʅʘ ʢʘʞʜʦʡ ʩʪʦʨʦʥʝ ʧʨʷʤʦʫʛʦʣʴʥʠʢʘ ʦʪʤʝʯʝʥʦ ʧʦ ʪʦʯʢʝ. ɼʦʢʘʞʠʪʝ, ʯʪʦ ʥʘʠʤʝʥʴʰʠʡ 
ʧʝʨʠʤʝʪʨ ʯʝʪʳʨʝʭʫʛʦʣʴʥʠʢʘ ʩ ʚʝʨʰʠʥʘʤʠ ʚ ʵʪʠʭ ʪʦʯʢʘʭ ʨʘʚʝʥ ʩʫʤʤʝ ʜʠʘʛʦʥʘʣʝʡ 
ʧʨʷʤʦʫʛʦʣʴʥʠʢʘ. 

10. ɼʘʥ ʫʛʦʣ ʠ ʪʦʯʢʘ ʚʥʫʪʨʠ ʥʝʛʦ. ʇʦʩʪʨʦʡʪʝ ʧʨʷʤʫʶ, ʧʨʦʭʦʜʷʱʫʶ ʯʝʨʝʟ ʵʪʫ ʪʦʯʢʫ, 
ʢʦʪʦʨʘʷ ʦʪʩʝʢʘʝʪ ʦʪ ʫʛʣʘ ʪʨʝʫʛʦʣʴʥʠʢ ʥʘʠʤʝʥʴʰʝʛʦ ʧʝʨʠʤʝʪʨʘ. 
 
 


